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Yuc/ieHHOEe MoeTUpOBaHKe qepopMupoBaHus
U NIPOYHOCTH TPEXCJOMHBIX KOMIIO3UTHBIX KOHCTPYKIHNH
¢ nedexTamu

© I0.1. Inmurpuenxo’, 10.B. FOpun', H.H. ®enoniox”

'MI'TY um. H.3. baymana, Mocksa, 105005, Poccus
*®I'YIT «KpbLIOBCKHI TOCYIaPCTBEHHbIH HAYUHbIH LIEHTP,
Cankr-IlerepOypr, 196158, Poccus

Paszpabomana muocoyposnesas mooeib 0nsi MHO2OMACUWMAOHO20 0epopMuposanus
MPExXcouHbIX (COHOBUUEBHIX) KOHCTNPYKYULL U3 NOTUMEPHBIX KOMROZUYUOHHBIX Mamepua-
JI068 MUNa NaACmuK ¢ 3anOJHUMeNeM Ha OCHO8e NEHONIACMA, YYUMblaouds MUKpome-
XaHuyeckue npoyeccol 0eqhopMupoOsanusi U NOBPENCOAeMOCMU MAMPUYbL, APMUPYIOUE20
HAanoIHumens U NeHONAACMA, a MaKdice MakpOCKOnudecKkue oehexmol muna HenponumKu
KOMNo3ummbvlx 0ouueox. Ilposedeno Koneuno-snemenmuoe MoOeiuposanue HanpslceH-
HO-0e(hopMUpOBAHHO20 COCMOSHUSL, NOBPENCOAEMOCU U DA3PYUEHUST TPEXCTIOUHbIX
nAACMUN ¢ OOWUBKAMU U3 SUOPUOHBIX KOMNO3UMOS U3 Y2AeNIACMUKd, C PA3IUYHbIMU
pazmepamu 0eghekma muna HenponumKuy, npu useube pasHoMepHviM 0agieHuem. Ycema-
HOBIEHbl 0OCODEHHOCMU NPoYecca 0epopMUPoOBaHUs U NOBPEICOAeMOCHU 0AHHO20 MUNa
KOMNO3UMHbIX KOHCmpyKyul. Paspabomannas memoouka moscem Ovimb npuMeHeHa st
pacuema 0epopmMuposanusi, NOBPENCOAeMOCU U PA3PYUEHUS. MPEXCLOUHBIX NAACHUH U3
NONUMEPHBIX KOMNOZUYUOHHBIX MAMEPUALO8, NPUMEHSEMbIX 8 DA3IUYHbIX OMPACIsX
NPOMBIUAEHHOCIU: CYOOCMPOECHUU, ABUACMPOEHUU, PAKEMOCHPOEHUU.

Knrwuesvie cnosa: mpexczzoﬁHbze KOHCMpPpYKYyuu, nojiumepHsvle KOMNO3UyuoOHHble mame-
puaiwi, MHO2OMACUMAbOHOe MO&@JIMPOGCIHH@, ()egbekmbl, MemoO KOHeUH020 aliemenma,
CJIOUCNO-60JIOKHUCmMble KOMno3umaul, MOHO60JIOKHA, noepeofcdaefwocmb.

BBenenue. Tpexcioiinbie (COHIBUYEBBI) KOHCTPYKIIUU, COCTOSIIIINE U3
KECTKUX M MPOYHBIX HECYHIMX CI0EB (OOIIMBOK) U JIETKOTO HU3KOMPOU-
HOTO 3aMOJHUTEINS], 0OBIYHO MEHOIIACTA, AKTUBHO MPUMEHSIOT B pa3iiny-
HBIX O0JNacTAX TMPOMBIINUIEHHOCTH Onarogaps WX BBICOKOH HM3THOHOM
YKECTKOCTU M Majioi TioTHOCTH [1—4]. [Ipumenenue B kauecTBe 0OIIMBOK
MOJIMMEPHBIX KOMIO3UIIMOHHBIX MaTepuaioB ([IKM) cymecTtBeHHO To-
BbIIAET A(PPEKTUBHOCTH TAKUX KOHCTPYKITHIA.

Opnolt u3 mpobieM co3laHusi COHIBUYEBBIX KOHCTpYKIuil u3 [TKM
SIBJIICTCS HAIMYUE 3HAYUTEIBHBIX TEXHOJIOTHYECKHUX Je(EeKTOB TUIa pac-
CJIOEHUI WU HETPONUTKH, 00YCIOBICHHBIX OCOOCHHOCTSMHU TEXHOJIOTUU
nsrorosneHust [5—12]. Becbma akTyanbHOW AaHHAs mpoOiema sBISETCS
JUISL CYIOBBIX COHABUYEBBIX KOHCTpYyKIUi n3 [IKM, aktuBHO nmpumeHsie-
MBIX B IOCJIEHEE BPEMsS B CYJAOCTPOCHUH U XapaKTEPHUIYIOIIUXCS 3HAYH-
TENbHBIMU pa3MepamMu U TonmuHamu. MccnenoBanuio BIusHUS 1e(heKTOB
B MMPOYHOCTHBIE XaPAKTEPUCTUKN KOMITIO3UTHBIX KOHCTPYKIIUH TTOCBAIIEHO
3HAYUTENIBHOE KOJIHUECTBO paboT [6—10], oqHaKko OOUIEHPUHSATHIX MOJe-
JIel ¥ METOJIOB ISl pacyeTa 3THUX KOHCTPYKIIUU MTOKA HE CYIIECTBYET.
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B Hacrosiieit paboTte mpeiokeHo UCTONb30BaTh MHOTOMACIITa0HYIO
MOJENb ISl pacyeTa MPOYHOCTH COHIABUYEBBIX KOHCTpyKIM u3 [IKM
¢ nedeKTaMu, XOpOILO 3apEKOMEH IOBABIIYIO ce0s TIPH aHAIN3€ IPOYHOCTH
KOMIIO3UTHBIX KOHCTPYKIUI NMPH HaTMYUK Je(PEKTOB MUKPOCKOIHUYECKOTO
Macmraba [13—-18]. Kpome Toro mpemiaraercsi pa3BuTHe 3TOM MOJENIU 3a
CYET COBMECTHOTO y4yeTa MaKpOCKOMUYECKUX Ae(PeKTOB Tuma oOphiBa OT-
JIENIbHBIX MOHOBOJIOKOH B KOMIIO3UTaX, MUKPOTPEILMH MEX1y MOHOBOJIOK-
HaMH U MaKpOCKOMUYECKHX /1e(hEeKTOB THUIIA HEMTPOKJIEs! CII0EB OOIINBOK.

MHoromacmradHass MoJelb HePaAPXUYeCKOil CTPYKTYpPbl Tpex-
cjoitHoil koHcTpykuuu u3 IIKM. [[ns pacyera mpoYyHOCTH 3JIEMEHTOB
koHcTpykuuid u3 IIKM, Hampumep CyIOBBIX INAHENEW THIA «COHIBUY»
C NIEHO3aMOJIHUTENIEM U OOUIMBKAMU U3 YIJIe- U CTEKJIOIIacTHKa, TPHU CTa-
TUYECKUX HArpyXCHHUSX NMPUMEHUM MHOTOMACIITAa0HYI0 MOJENIh MHOTO-
YPOBHEBOU HEPAPXUUECKON CTPYKTYpHI (puc. 1).
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Puc. 1. Marematudeckast MOZETIb MHOTOYPOBHEBOW HEPAPXHUIECKOH CTPYK-
TYpPBI TPEXCIOHHOM KOHCTpYKIuK Ha ocHOBe CBK 1 mieHo3anomHuTe s
1 — AI12.1 (1D-matepuan); 2 — AI12.2 (neHoriact)

Mognens nMeeT 1Ba MEpapXHUYECKHUX ypoBHsA. Ha mepBoM, BepxHEM
YpOBHE HAXOJUTCS cama TPEXCJIOMHAs KOHCTPYKIIHS, COCTOSIIasl UX JIBYX
OOIMMBOK (HMXHEH M BepxHel) u 3anoiaHuTess. OOLUIMBKY MPEICTaBISAIOT
co0oil crnoucro-BoiokHUCTHIM koMmno3uT (CBK) Ha ocHOBe yrieponHbix
WIN CTEKJITHHBIX BOJOKOH. Kaxplii cioit CBK (BTOpoil ypoBeHb) — 3TO
oJlHOHamnpaBieHHbI Matepuan (1D-martepuan), BoJoKHa KOTOPOrO OpH-
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3

CHTHPOBAHbI B ONpEIEICHHOM HanpasieHun O oJ yrioMm @,
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B IUIOCKOCTH, OPTOrOHalbHOM K ocu OF;. Dror 1D-Marepuan MOMKHO

npeaACTaBUTh COCTOAIIUM U3 6OJ'IBH_IOFO quciia q4YCCK MCPpHUOANYIHOCTU
AI12.1, npeacraBisommx co00il MOHOBOJIOKHA, COCTMHEHHBIE MEXTY CO-
0011 MoIMMEPHOI MaTpPHUIICH.

B xauecTBe 3amoiHHUTENS Yalle BCEro MCIONb3yIOT MEHOMIAcT (IEHO-
3aMO0JIHUTENh), UMEIOIINN CTPYKTYpYy, OMU3KYI0 K mepuoaudeckor. Ero
sueiika epuoguaHoct SAI12.2 BimroyaeT B ceOs 1BE KOMITOHEHTHI: HETIO-
CPEICTBEHHO MaTepHall MEHO3AMOIHUTENS U ITyCTOThI, OKPYKAIOIIHUE €ro.

B TpexcnoitHol (COHABUYEBOI) KOHCTPYKIIMU Ciou OyJeM HyMepo-
BaTh ClIeAyIOIUM obpasoM: o =1,...,n; — Homepa cinoeB CBK HuxHei

o0muBKY; O =n; +1 — cioii 3anonHuTens (IEHOMIACTa); OL=n; +2,...,
n +1+n, — cnou CBK Bepxneil Hecymei obmmBku; N =n +1+n, —

o0111ee YMCIIo CJI0€B KOHCTPYKLIUH.
Pacuyer ynpyrux xapakrepucruk 1D-maTepuana ¢ yueTroMm nospe-
KAaeMOCTH. JIJ11 BBIYMCIIEHUS! KOMIIOHEHT TEH30pOB MOJYJIEH YIpyrocTu

1D-marepuana Cl%) (z) Bocmomb3yeMcs NMPHOIMKEHHON MOJIENBIO CMece-
Boro tuna [19], B xotopoii 1D-Marepuan paccMaTpUBarOT Kak CUCTEMY
NapajyIesIbHO PACIONIOKEHHBIX OJHOHanpaBieHHbIX (1D) anemenToB 111-

auHapudeckol ¢opmbl. Torma TexHuueckue MOAyJIM ympyroctu 1D-
MaTepHalia BBIYMCIISIEM [0 CMECEBBIM (pOpMyIaM:

1

, o, 1-9,)
E=E/Q,+E,(1-9,), E =| —+——1 ,
E, E,
Vi=Vo,r+v,»1-9,), v,=vV,, (1)

-1
20,(1+v,) N 2(0-¢,)d+v,)
E, E '

m

Z =

3necy U janee: E; — mIpoaOJIbHBIA MOIyJb ynpyroctd lD-marepuana
B HAIPABJICHUH €C YKIIAJAKH; ¢, — OTHOCUTEIBHOE 00BEeMHOE cofeprKa-
HHE MOHOBOJIOKOH B HUTAX; E }, E r— MPOAOJIBHBIM U MONEPEYHBIN MO-

IyIU YNPYroCTH MOHOBOJOKOH, KOTOpBIE MOJIATar0TCsl TPaHCBEPCAIbHO-
U30TPONHBIMU; £, — HONEPEYHBI MOAYJIb YIPYTrOCTH; V; — IPOAOJIb-

Hblil koo duument Ilyaccona; Vv, V, — NPOONBHBIA U NMONEPEUHbIH
k03¢ dunuents! [lyaccona MoHOBONOKOH; E, U V, — MOXIylb yIpyro-
ctu 1 kodunuent Ilyaccona MaTpuisl; vV, — Honepednsiit kodaddurm-

eHt Ilyaccona; G; — HpoJOJbHBINA MOMYJIb CABUIA; G}- — MPOJOIBHBIH
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E

MOJyJb CIBUTa MOHOBOJIOKOH; G, =—— — — mOmepeYHbIi MOIYJb

2(1+v,)
caBura.
Ilo MOJIYUCHHBIM 3HAYCHUAM YIIPYTHX KOHCTAHT BBIYHUCIAIOTCSA TCH-

30pbl YIPYTUX MOJATIUBOCTEN H (“)' 1D-maTepuana B COOCTBEHHBIX CH-

cTeMax KOOpAMHAT 0&1(0‘):

om0 0 0
H2222' H2233 0 0 0
l]kl - (O(,)y -
210513 0 0
CHM. 2113, 0
L 2IYI(SLI)Z'
T
El El El
vy oy 0 o
El Ez Ez
v Loy
_ El Ez Ez
B 1
0 0 0 — 0 0
2G,
1
0 0 0 0 — 0
2G;, )
1
0 0 0 0 0o —
I 2G; |

Tenszop moxyneit ynpyroctu 1D-marepuana B COOCTBEHHOW cUCTEME
KOOpAWHAT 0§(-°‘) SBIISICTCS OOPAaTHBIM JUIS TEH30pa YIPYTUX MOJATIUBO-

(a) = (7% "
creit, Cyyy = (I N

B monenu nonaraem, yto 1D-maTepuan MoKeT YaCTUUHO pa3pylIaTh-
Ccsl, KOT/1a JOCTUTHET 3HA4eHMsI | HEKOTOpBIM NapaMeTp MOBPEXKIAEMOCTU

(“), IIPU 3TOM OOHYJISIOTCS BCE YNPYTHe MOIYJIH, KpoMe C&%a Takoe

YaCTUYHOE pa3pyllIeHUE MPOUCXOAMUT M3-32 MUKPOPACTPECKUBAHMS MaT-
puibl B coctaBe 1D-Matepuana 6e3 pa3peiBa MOHOBOJIOKOH. Ecnu ke ma-
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paMeTp MOBPEKIAEMOCTH zl(“) JIOCTUTAeT 3Ha4eHus |, TO MPOUCXOIUT

IIOJIHOE paspywieHue lD-marepuana u3-3a paspylicHHsT MOHOBOJIOKOH
U MaTpHIbl (OKpyXarolieil MOHOBOJIOKHA). [Ipu nonHoM pa3pylieHuu HU-

TH OOHYJISIOTCS Bee ynpyrue Moxynu Cy (“) .

Kpowme Toro, nosaraem, uto nojgHoe paspyuierue 1D-marepuana mo-
KET MPOU30HTH MO €Ile OJHOMY CLEHapHIo, KOTrJa OJHOBPEMEHHO J0-

(o) i chx)

CTUTHYT 3HaueHHs | mapamMeTpsl IOBPEXKIAEMOCTH Z; . Yciosue

z§°‘) =1 o3HayaeT, 4TO MPOMU3OLLIO OTCIOCHUE NaHHOoro 1D-Marepuana ot

JPYTHUX CJIOEB BCIIEACTBUE PAa3pyILICHUS MATPUIBl B TOHKOM IPOMEKYTOY-
HOM CJIO€ MEXKIYy BOJIOKHAMHU COCEIHHMX CIIOE€B. B 3TOM ciydae BOJOKHA
B 1D-3nemeHTe HE pa3pylIaloTcs, HO MPOUCXOIUT HApyIICHHE MOHOJIHUT-
HOCTH cios. B pesynpraTe 1D-31€MeHT mpeBpaiaercss B COBOKYITHOCTb
HECOEIMHEHHBIX OTIENIbHBIX BOJIOKOH.

C yueToM CKa3aHHOI'O BBIpaXKEHME 11 KOMIIOHEHT TEH30pa MOJIYJIel
ynpyroctu 1D-maTtepuana B cOOCTBEHHOH CHCTEME KOOPJIMHAT I BCEX
3TanoB Ae(GOpMUPOBaHUS, BIUIOTH 10 TOJHOTO paspyuienus 1D-mare-
puana, MOKHO 3alKcaTh Tak:

Ci = (A=h(" = D)) ™ + A28 =1)C080:80;80xBar ) X 3)
X (1= h(z{™ 1) = h(z5" = D)h(z5* ~1)),

(o) (o)

rane h(zy ' —1) — o¢ynkuus Xesucaiina, paBHas h(zy  —1)=0, ecmu
2% <1, w W% -1)=1, ecnm 24V >1.
Jia CBK Ten3op moxynell ynpyrocta Cykl 0L-TO CIIOS1 B €JUHOM CHU-

creme koopauHat OF., y KoTopoii ock O&; OpTOroHaIbHA K IUIOCKOCTH

BCEX CJIOEB, BBIUYUCIIAECTCSA IPUMEHEHUEM K €r0 KOMIIOHEHTaM Cykl B C00-
CTBEHHOM cuCTeMe KOOpauHatT npeoOpa3oBanus nosopora [20]:
(@) _ ()
Cijkl - mnqulmQ]anleq (4)

3nech Q;‘ — 3JIEMEHTBI MATPHUIIbI TOBOPOTA CIIOS C HOMEPOM O, Ha yroJl

¢, otHOCcuTenbHO ocu O;.

Jns pacdyera 3(PQPEKTHUBHBIX YIPYTUX XapaKTEpPUCTHK IIEHOIIACTa
Cl%), =n, +1, IpUMEHAIOT METOA ACUMIITOTUYECKOTO OCPEIHEHHS, OC-
HOBaHHBIN Ha pemeHnu 3D JToKanbHBIX 3a/1a4 Ha sYEHKe MEPUOIUYHOCTH

AI12.2. 3T0T METOA NMO3BOJIAET BHIYUCIIATH Cyk, IIEHOIUIACTa 0 yIPYTrUM

XapaKTepUCTHKAM MOJIMMEPHON OCHOBBI MEHOIUIACTA C YYETOM €0 MOpH-
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cTocTd. MeToauKa, UCIOJIb30BaHHAs ISl pacyeTa XapaKTePUCTUK IEHO-
J1acTa, u3j0)KeHa B padore [14].

Pacuer ynpyrux xapakTepucTHK TPeXCJI0MHOH COHIBUYEBOH KOH-
CTPYKIMH € y4yeTOM Je()eKTOB B €eIMHOil cucreMe KoopauHar. [[ns
paccMaTpuBaeMON TOHKOCTECHHOM COHIBUYEBOM KOHCTPYKLUU THUIIA ILIA-
cTuHBI, cocTosmen n3 cioeB CBK 1 meHOImIacToBOIro 3amoiHUTENIS, BhI-
YHUClIieM MEMOpaHHBIE, CMEIIAHHBIE U HM3TUOHBIC JKECTKOCTH KOHCTPYK-

180505 C o> Naﬁ’ DaB:
CYB Z (a) hydy,, Css—z ngxz)z oo C44 Z C1313 o
(5)
Ces —2 CiShody, Ny :—Z C(a) (gl(a) al(cx n)4as

I < 2 e
Nss = E z C§§‘2)3 (él(a) - E,vl(oc—l))dow (6)
a=l1

Dg = 32 CY‘{BB(&I(“) gl(oc g Dss = 32 C2323(§1(a) ﬁl(a )y .(7)

a=l1

3nech h, — TONNMHA OL-TO CIOS B COCTaBE KOHCTPYKIMH; ;)

3HAUCHWE KOOPAMHATHI &, UISI TOBEPXHOCTEH CIIOEB pasiena: él(a) =

N

=& oy thy, 0=L..N, &g =—h/2, h=Y h,, a h — Tommna
a=l1

BCeH KOHCTPYKIMH. B 31X popmynax yuTeHO Hamuuue BO3MOXKHOTO Jie-

(eKxTa KOHCTPYKLHMH THUIA HEempokied, rae d, — Ko3((OULHUEHT CHUKe-

HUs yIPYTHUX CBOMCTB U3-3a HAJIMYUS HENPOKJIES HA BCIO TOJIIUHY O -T'O
closi, 3HaueHus d, nexar B quanasone: 0<d, <1 u 3aBucAr or mpo-

JOJIBHBIX KOOPAWHAT KOHCTPYKILHH &5, &s.

Makpo3agadya MeXaHUKH TPeXCJI0MHONM KOHCTPYKIMH. /(15 pacue-
Ta 1e(hOpMUPOBAHHS TPEXCIOWHON KOHCTPYKINH ¢ Ae(PEeKTaMu PUMEHHM
MOJUGUIIMPOBAHHYIO TEOPHUIO TOHKUX IUIacTUH TumonieHko. Cucrtema
YPAaBHEHUN PABHOBECUS TOHKOM IUIACTUHBI COCTOMT M3 JIBYX YPaBHEHMM
aus yewmai T TaB, ypaBHeHMs A1 nepepessiBaromux cuin O, 0,,

¥ JIByX ypaBHCHHII st MOMEHTOB M, M o [16-18]:

aTococ + aTOLB -0 an an _ oM oM

o, 9, o o, o

o
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o, PB=2,3ua=£p. (8)
3necs Ap = p,, — p,, — Tepenaj AaBJeHUs, 1EHCTBYIONIMI Ha IJIACTHHY,

h h
rae p, = p, (E); DPer = Po(— E) — 3HAYEHHUs JABJICHUS HA IOBEPXHOCTIX

IUIACTHHEL.
Onpenensaronme COOTHOMIEHUS 1 TPEXCIONHOMN TJIACTUHBI 3aIUChI-
BAEM B BHUJE COOTHOLICHUM MEXAY YCUIUAMU 1 15;, MOMeHTaMu

oo
M

u feopMaLUsIMU €yg, €,3 M KPUBH3HAMHU Kpg, Kp3 CPCAMHHOW MOBEPX-

oas M3 M mepepespiBarOlUMHU cunaMu (,, (; C OIHOW CTOPOHBI

HOCTH — C Apyrou [21]:

3
Too = 2 (CaBeBB + NaBKﬁﬁ)a Ty3 = 2(Cssep3 + NssKps3),
=2

3
Mo = 2 (Nogepg + DogKpp)s Moz =2(Nssey; + DssKys), )
=2

o,=2,3uaxp, 0 :566612’ 0s :544913-

Jledopmariuy 1 MCKPUBIICHHUS CPETUHHOMN MTOBEPXHOCTH BBIYUCIISIOTCS
0 CIIEAYIOUMM KMHeMaTHueckuM popmynam [20, 21] ((x =2, 3):

e _ 9 2e 9, +% 2e —a—W+
oo T a&a > 23 — a§3 agz > loo — aia ’Y(X’ (10)
) R ¢ £
BT T R

Cucrema ypaBHeHMI paBHOBecus (8), B KOTOpbIE MOJCTABIIEHBI OIpe-
nenstone cootHomeHus (9) u kuaemaTudeckue cootnomeHus (10), o6-
pa3yer 3aMKHYTYIO CHCTEMY MSTH YPaBHEHUH OTHOCHUTEIIBHO IISATH HEHU3-
BecTHBIX pynkumi Uy, Y., W.

B KavecTBe rpaHUYHBIX YCIOBHII HA YacTH JX, KOHTypa dX, OrpaHH-
YMBAIOIIETO CPEIUHHYIO MOBEPXHOCTh IUIACTUHBI X,, K JTOH cHUCTeMe

CJIICAYyCT NMPUCOCAUHNUTL 3aJaHHBIC 3HAYCHUA YCHJII/Iﬁ, MOMCHTOB U II€pC-
PE3BIBAIOIINX CUIL:

0 0 0
Tony +Tysny =15, Tsny +Tgny =15, Oony +Osny =07,

(11)
0 0
Moyyny +Mpsny =My, Mysny +Mysny =My
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Ha vacti 0X, KOHTypa 3aJaeM 3Ha4YeHHs IepeMEIIeHHi, nporuda

¥ yrios nosopora (o =2, 3):
U, =U, w=w"°, y,=72. (12)

OTcrofa npu HYJIEBBIX 3HAUEHMSX Ug, wo, 'yg IIOJIy4aeM yCJIOBHS
’KECTKOH 3a/ICJIKH KOHTYpa 0L, IUIACTHHBI.

Ha yactu dX; KOHTypa 3aj1aeM CMELIaHHbIE IPAHUYHBIC YCIOBUSL:
_770 _ w0 — 140 _ 40
Uy,=Uy, W=W", Myny,+Mysny=M,, Mysny+Myny =M;. (13)

B wacTtHOCTH, NpU HYJIEBBIX 3HAYEHUAX Ug, wo, Mg [oJIy4aeM
YCJIOBHSI IIAPHUPHOTO 3aKPEIICHHS. BBIMOIHIETCS YCIOBHE COTJIACOBA-
HUS: 0%, 40X, +0X; = 0. 3anmmem mis 3axaun (8)—(13) BapumaruoH-

HbI npuHUMN XemiuHrepa — PeliccHepa [21], KOTOpbIA MOXHO Tpen-
CTaBUTh B BUJIE€ IBYX BapHAllMOHHBIX YPaBHEHUI:

Il (Gl tujaz=[fivpia’az= | {s)apular=0

821 +823

1547 611} lebaz-o.

(14)

3nech ob6o3Hauensl {e} — cronben 0GoOmEeHHbX Aedopmarmii; {P} —
8 5

cronber; 0000IIEHHBIX HArpy30K, 33/IaHHBIX Ha CPEAWHHOW IMOBEPXHOCTH;

{u} — cronben 0606wwIEHHBIX MEpeMeILEnHil; {S 0} — cronbel; 060011eH-
5 5

HBIX Harpy3oK, 3aJaHHbIX Ha PAHUYHOM KOHTYpE:

T
{e}: (€25 €335 €33, Ko, K33, Koz, €12, €3) (15)
8

{”}:(Uza Us, W, 75, Y3)T’ {SO}:(TOa ), M3, M3, QO)Ta
3 5

{P}=(0,0, Ap, 0, 0)".
5

3/1ech Takke HCIOJIb30BaHa MaTpudHas (popMa KHHEMAaTHYECKUX COOTHO-

mennit (10) Mexay 0600meHHbpIME fehopMalUIMU U TePEMEIICHUSIMU

{e} [L]{u}, rme [L] — wmarpuna muddepenumanshoro omneparopa
8x5 5 8x5

KomH; MaTpu4Has (GopMa OIpEeNIoNMX COOTHOUeHUH (9) {T }:
8

10



Yucrennoe mooenuposanue 0e@opmMuposanus u nPOYHOCMU. .

=[G]{e}, rne [G] — 0606mennas marpuna ynpyrocrn. Ona nmeer cie-
8x8 8 8x8

YOI BUL:
[C] [N] O cFC
3x3 33 Cpn Gy O
[G]=[[N] [D] O |, [C]=]Cy (3 0 |, (16)
8x8 3x3 3x3 _ 3%3 0 0 555
0 0 [C]
2%x2
Ny Ny 0 Dy, Dy; 0 —
~ Cy O
[N]=| N3 N33 0 |, [D]=|Dy; Dy; 0 |, [C]= 0o &
3x3 0 0 N55 3x3 0 0 D55 2x2 66

T
{T}=(T22,T33, Ty3, My, M35, M3, O, Qz] , rae {T'} — cronGent 0606-
8 8

LICHHBIX YCHJIHH.

Jlnsa pelieHus CUCTEMbl BapHaIlMOHHBIX ypaBHeHu# (14) ncnonszyem
METOJI KOHEUHBIX 3JIEMEHTOB, MOAPOOHOCTH YUCICHHOW peann3aluu Ko-
TOPOI0 ONMUCaHBI B [21].

Pacyer makpoHanpsizkeHMH B TPeXcJOHHON KoHcTpyKuuHu. [locne
pelIeHrs BapHallMOHHBIX YPaBHEHUN HaiileM 3HaueHHs 00OOUICHHBIX Te-
pemertenuii U gepopmarmii {e}, {u} B y3max Kaxmoro KOHEYHOTO dJie-

menra (KD). Jdedopmanun B MpOU3BOIBHON TOYKE MO KOOpAHHATE &,

KOHCTPYKLHUH HAaxOJHUM C MOMOIIbIO JIMHEHHOrO 3aKOHA, COOTBETCTBYIO-
mero Teopur TUMOIIEHKO:

SOCB:eOLB+E—‘1K0LB’ OC, B=2, 3 (17)
Torna ¢ MOMOIIBIO ONPEAEISIOMINX COOTHOIEHUN
o\ =Ciex,, 1, J, K, L=2,3, a=1,..,N, (18)

U MofayJied ynpyroctd (4) HaxoAuM TpU HANpsKEHUS Gg) B CJOSX
COHJIBUYEBOI KOHCTPYKIIUH.
Tpu ocTaJIbHBIX HANPSKEHMSI: ONIEPEYHOE HOPMAJIbHOE Gﬁ‘)

roseie 6\5 u o\%

U CIIBU-

BBIUHCIISIEM COIJIACHO (OpMysiaM aCUMITOTUYECKOM

TEOPHUH TOHKHX IIacTuH [16—18]:

ol =—{EciHy” }é (e s +0Kyy ) LLJ,K,L=2,3, 0=1,..,N, (19)

11



F0.U. JJumumpuenxo, FO.B. FOpun, H.H. ®edoniok

05(11) = {{E_,C}%L“)} }&, (exr y +OKgy )= ®’ (P— +Ap (§+ 0,5))- (20)

3nech &,:% — 0Oe3pa3mepHasi TonepedHasl KOOpJIUHATA; mzz —

F€OMETPUUYECKUM MapaMeTp; L — IiIuHa KOHCTPYKLUMH. B BbIpaKeHUsAX
(19)—(20) Takxke ydacTBYIOT OMEpaTOPbl OCPEAHEHUS MO TONIIMHE IJIac-
THHBI

1/2

{r@), = ? (FE)-(r @) (re)= | rEa 1)

-1/2 -1/2

W mpuBeieHHBle Momynu  ympyroctm  cmoeB  Cor® = C\%) —

1 .
CE;)I(c)lCIE(lﬂ C(101?L, i, k=1...3.
Hanpsoxenus (5( )" B o.-m cioe CBK B coGcTBeHHO# CHCTEME KOOp-

JIMHAT O&l( ) JUISL KaXKJI0TO CIIOS BBIYHCIISIOT CIICAYIOUIMM 00pa3oM:

G(OC) " G(O()leQm (22)

CooTHomeHus1 17151 NapamMeTpoB noppesxkaaemoctu 1D-marepuada.
Pa3pymenne 1D-marepuaina BcieACTBHE pa3pbiBa MOHOBOJIOKOH IIPH MPO-

AOJIBHOM PAaCTsXKCHUNW WU ITOTCPU YCTOﬁQHBOCTH MOHOBOJIOKOH IIpH

IpOAOJIBbHOM CXXATHU OMNHCBIBACT MAapaMCTp MOBPECIKIAACMOCTU Z]( ), JUIA

KOTOpOTr0 MPUHUMAEM clieAyolee Belpaxxkenue [21]:

2 2
Vi (@) (@[ _ )
2@ = ‘633 ‘+G ‘6 ‘
= (23)
264 26
3,Z[eCB 6; nu Gé —_— Hpeﬂeﬂbl HpOLIHOCTI/I MaTepI/IaJ'Ia HpI/I paCT}I)KeHI/II/I

W CXKATHH BJOJb BOJOKOH, JUISI KOTOPBIX MPUHUMAIOT CIEIYIOIINE BbIpa-
xenus [21]:

r E Sy ®r

¢ P f Om ] ¢

Or =0 rH, S, ( J ((5 SJ » O¢ =Opshc, 24)
(1-¢,) T

-1/2 2
sc', By >B,, o
hé =) .e § ", St.c = (Bpa _Bm4)2 " | +B,yB,4, (25)
ST 5 Bm2 < Bm4 mT,C

12



Yucrennoe mooenuposanue 0e@opmMuposanus u nPOYHOCMU. .

E E G
B, ,=—",B ,= T’Bm3_ — s B =tg @,

Taxxe 0603HaYeHBI Oy, Sy, 1y, Hy — BeliOynnoBckue napameTpsl
pasbpoca MPOYHOCTH MOHOBOJIOKOH; G ; — IMPEACH MPOYHOCTH IIydKa
MOHOBOJIOKOH; O,,q — TPE/eN MPOYHOCTU MATPUILbL IpH casure; P, —
CPeIHMI Yroj pa30pUeHTal MOHOBOJIOKOH B 1D-marepuae.

Jlnst mapaMeTpa MoBpPEXIaeMOCTH z( ) pHUMeM clIeyomee BhpaKe-

Hue [21]:

1 1 1 1
() _ ry+y2 —\2
z ' =(Y,) - + (Y- -
C T o 30,7 ) (00 30 26)
1 2 2 2
+—— Y, +12K,Y, +3Y5 ).
12(Gm5)2( 2 Y*4 3 )

3nech G,,;, O,y — HPEAEIBLI NIPOYHOCTH MATPHIIbI HA PACTHKEHHE U CHKa-
te. Taxxe B popMyIie 0003HaYCHBI MHBAPHAHTHI TEH30pa HANPSKESHHUH:

(Ot)v+0(ot)| Yi_|Y2|iY2

(o)
Y 11 , —
2 2 2 2

b

p B (27)
((6(0()' (522) v) +46((X) ) , Y42 — (Ggu) u) + (623) ) KY = B_

Jlnst mapaMerpa MHOBpEKICHUN zga), OIUCHIBAIOIIEr0 pa3pyLICHUE

MaTpHlbl MEXIY CIOAMH pa3HbIXx 1D-Marepumano, npumMeMm ciemyromiee
BBIPaXCHUE:

2" = B,063+ B,6> + B.o> (28)

3necy 0003HAYCHBI CIIEAYIONINE KOMOMHAIMH TPEIEIOB MPOYHOCTH MaT-
PHILIBI HA PACTSDKEHHE, CIBHUT M CHKATHE:

1 1 1 1 1
B =—- , B=——-——, By=—¥5, (29)
" anT 363nS anc 36£1S ? 303;15

a Tak)ke 0003HAUYCHEI HWHBAapUaHTbl TCH30Pa HaprDKeHI/II\/JI B MaTpuIC:

o' (o) (o) (o)
| mkk| = O mik s _‘Gmkk“"cmkk

- 2 ’ e 2

2 2 2
. 2 2 2
o, Z\/(G(Q) ~oih ) "‘( @ 05»%)3) +(0£»?2)2 _G%)a) "'6(6551)2 +009; +0ok )

(oc) _ G(u) +(5(00 +G(°‘)

o m33°

b

mll mll

13



[0.U. Jlumumpuenxo, IO.B. IOpun, H.H. ®edoniox

(0r)

(o)
mij CBA3AHBI C HANPSHKEHUAMH O, B CJIO-

HanpsbkeHnus B matpune G

ax 1D-Martepuana cieayomumMu COOTHOLIEHUSIMU zga):

() _ p(o) () - (@) _ p)s(a) - _
Oy =By30,°, 1,J=2,3, 6,/;,=B,,0y,", j=12,3. (30)

Pe3ysbTaThl ynciaeHHOro mMoaeaupoBanus. C moMompio paspabdo-
TaHHOM Mojenu OBUTM TPOBEAEHBI UYWCIEHHBIE PAacyeThl HAIPSIKEHHO-
ne(OpPMUPOBAHHOTO COCTOSHUSI U Pa3pyLICHHs] COHIBUYEBOM KOHCTPYK-
LMY TUNA TUIACTUHBI IPU U3THOE paBHOMEPHBIM JIaBJIEHUEM. 3aKpeIIeHHEe
TOPIIOB IUTACTUHBI OBUTO MAapHUPHBIM. [ImacTuHa cogepkana neexT Thmna
HEMpPOMUTKU OJHOU u3 oOmuBok. PopMma nedexra — kpyrosas. Bennuu-
Ha Tuiomaau aedekra BappupoBanack ot 2 1o 10 % ot miomaau cpeauH-
HOM MOBEPXHOCTHU IIACTUHBI. JnuHa L tutactussl 2,4 M; TOJIIWHA IJ1a-
cruabl 71 =0,03639 M (Tonmmmua obmmuBok /; =0,003195 M, TommuuHa
samonHuTeNnst A, = 0,03 Mm). Ha GOKOBBIX TOpIaX IO HampasieHUIO &,
OBbLIO 33/1aHO HyJIEBOE 3HAUCHUE yIJIa TIOBOPOTa HOPMAIU ILIACTUHBI 7,
Ha TOpIAX [0 HANPAaBICHUIO &; — HYJIEBOW MPOrud, HyJIeBOE 3HAYCHUE
IpoAONBHOro mnepememieHus U; M HylleBOE€ 3HAYEHHME yIjla IIOBOPOTa
HOpMaJK Y,.

B xauectBe CBK 00IMBOK COHIBUYEBON KOHCTPYKIIMH ObUIH BHIOpa-
Hbl MaTepHalibl XOJJAMHIOBON KommnaHuu «KoMIo3ut», cOCTOSBIINE U3
YEepelIOBaHMS JABYX CJIOEB POBHHIOBOM YTIJIETKAaHHU Cap’KEBOrO IUIETEHMS
Ct-12026 co ctpykrypoit apmupoBanus (0°/90°) u omHOTO ClIOsT OMAKCH-
anbHOM nuaroHanbHOW yrietkanu Cm-42010 co crpykrypoil apMHpoBa-
Hus (+45°/—45°). XapakTepuCTUKN YTIIEPOJIHBIX MOHOBOJIOKOH B COCTaBE
POBHHTOBOW M OMaKCHaJbHOW yTieTKaHeH ObLTH MOA0OpaHbl U3 yCIOBHS
HawIydllled amnmpoKCUMAalMM HKCIEPUMEHTAJIbHBIX JaHHbIX 1o 1D-
Marepuainy. by moiydeHsl CIEQyHONIME 3HAYEHUs YIPYTMX M Ipod-
HOCTHBIX XAaPaKTEPUCTUK MOHOBOJIOKOH: Ej’f =200 I'lla, E, =20 TTla,

G, =22 ITa, v,=0,25 o0,=033, s,=0,07, r,=0,25 H,=3,
D, =1°

Marpuiia B coctaBe KoMmIosuta — Dion, ynpyrue u mpOYHOCTHBIE
XapaKTEePUCTUKH MaTpUIIb, HCIIOIb30BaBIINECs B pacdyerax: E, =3 I'Tla;
v,, =0,35; o, =35 Mlla; 6, =43 MlIla; 6, =27 Mlla.

Ha puc. 2—6 npencraBiieHbl HEKOTOPBIE PE3YyJIbTAThl PEIICHUS MAKPO-
3ala4il IJIs COHABHYEBON KOHCTPYKUMHU C Je(PEKTOM THIA HETPOIHTKH
wiom@aabio 10 %, pacnonaoKeHHBIM B LIEHTPE MJIACTHHBI.

14



Yucnennoe modenuposanue 0e@opmuposanuust i RPOYHOCHU ...

U3(-0,037213..0)

> 0

l —0,00206739
—0,00413478
-0,00620217
—0,00826956
—0,0103369
—-0,0124043
—0,0144717
—-0,016S8391
—0,0186065
—0,0206739
-0,0227413
—-0,0248087
—0,0268761
—0,0289435
—-0,0310108
—-0,0330782

—0,0351456 ¥y
-0,037213 z

Puc. 2. Pacnpenenenne npornda W (M) B TpEXCIOMHON IIacTHHE ¢ A€()EKTOM THIIA
HETIPOITUTKY NP U3rude NaBieHHeM

Sigmall (—0,0143452 .. —1,38456e—05)

—1,38456-05
—0,000810034 o
VA Nm‘ﬂﬂhﬂ

—0,00160622 AVAVATAVAVVAVAVAVAN o= VATAVA N
~0,00240241 i%!%?g.{mhu < BE) ‘m%:f ‘ss
i N M ™ LR i
—0,0031986 SR _%‘;‘%ﬂ‘ ,I" 1Q!
~0,00399479 éﬁﬁ%’gﬁg T 4§r
\ M RO T 1
-0,00479097 , I O 5
A'r""%ﬁ%.-\. A 4’5&4 ’
-0,00588716 VAT N, <]
’ s S % <
~0,00638335 <D a PR
W <
-0,00717954 o <A
e A
~0,00797573 K y
VA,
—0,00877191 R
e
~0,0095681 RO
NrEts
~0,0103643 s
~0,0111605 N4
-0,0119567
-0,0127529 ¢
~0,013549 | NS
B ."'
~0,0143452 SNVt S AVAYA

Puc. 3. Pacnipenenenue usrubHoro Hanpsikenus ©,, (I'Tla) na BHemnei

HOBEPXHOCTH TPEXCIOHHOM MIIACTHHBI ¢ 1e(EeKTOM THIIA HEPOIIUTKH
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10.U. Jumumpuenxo, I0.B. IOpun, H.H. @edoniok

Sigma22 (—0,0238425 .. 0,0170914)

0,0170914
I 0,0148173
0,0125432 NAVAVAVATAVAVAVETE
AVAVAALS
0,0102691 SOOI
0,00799501 SY)VAVAViIVA v <>
0,00572091 VAVA R AT SO 4T gﬂ:
R KRR
0,0034463 aara %5,
0,0011727 VA e
~0,00110141 %x
~0,00337552 Wil
S
—0,00564962 ;egv
-0,00792373 K]
OERE
—0,0101978 B : %%1
~0,0124719 i o R
SKPRRRAR %
—0,014746 :5 ';‘Eaggl AN
—~0,0170202 K] 45‘?/% ; A0
KIDNDX
~0,0192943 g:,&‘ 5 Qg
SEK VAN
~0,0215684 SR ‘i@
I 0238425 NS00 KK

Puc. 4. Pacnpenenenue Hanpskenus ©,, (I'1la) Ha BHEIIHEH MOBEPXHOCTH TPeEX-

CJIOWHOM IJIACTHHBI C e(hEKTOM TUIIa HEIIPOITUTKH

Sigma33 (-3,64739¢—-06 .. 7,08238¢e—06)

I 7,08233¢-06
6,43628e-06
s VAN
<7 ‘gg'AVAVAVAVA'MVAWAv‘
5,20409¢-06 AR S AATER KKK KA
<> AN SRS A RS
SO AN AR S AVAYE Y g AT O
4,69799¢—06 AR PRI A K R TSR K]
R R A O RO IR T
4,10189¢-06 4&%%.%;{&%’%E%gsﬁ?‘ﬁﬁgyéﬁkg‘agg;
3,505790-06 AR SRS e L e ]
AAAKE A ORI
2,90969¢—06 SAAANORS T o P P
’ AP SRS
23135906 gﬁ'a‘g{gﬁag:;?‘ i 'ﬁé?ﬁ@ﬁ%;
1,7175¢-06 SOV v VAV
’ SRR LSER
1,1214-06 SRR %%ﬁ%%"g‘%’
5,253¢-07 S s AXPORER
PORREED O
~7,07939¢-08 ORI RO
6,66397e-07  [QCIRIEK A PO
’ A ke
~1,263¢-06 OO Y AV, AV
KA AN B RSO NN A A A
~1,35909¢—06 g@;g:‘\ganm‘@wqm, SRR ARS
a4 R SRR A PRI A IS
2455190-06 LN ORI A AT
sossevs  OBOE RGN SRR IEE
| _ v AT NAVANAVAVAVAVAY
3,64739-06 ARSI ARAROOOCOKRY -

Puc. 5. Pacnipenenenue nonepeunoro Hanpsokenus o,, (I'Ila) va cpepunnoi

MOBEPXHOCTH TPEXCIIOMHOW IJIACTHHBI C 1eEKTOM THIIA HETTPOIIUTKU
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Sigmal3(—4,14593e-05 .. 4,1472¢e—05)

4,1472¢-05
I 3,68648¢—05 —

- 'T"",‘A'A'.IXWE‘ A
5Tse 08 PSR e el
2,765026-05 “""'&%fgg%’%g#{{’g"‘ﬁé% %

s AR NN
2,30429¢-05 ,‘gﬁégga@i%“%%b‘
1,84356e—05 ,,g‘vév ;,;gA%g i\i\
1,38283¢-05 e
9,22096¢—06 )
3 #HD‘
4,613666—06 g@.\
7
6,35919e—09 5 %éﬁ[
’ -
—4,60094¢- 06 S oI
20824 e pos
~9,20824¢06 anstislg 7
~1,38155¢-05 o ‘
Pk :
-1,84228¢-05 BRI, s
SRR PRSI SN
—2,30301e-05 AN RNV v
(SVAYA% o SERA P
-2,76374¢- 05 ANy LERRPOOE

o
N
ﬁﬂ

ANAAA
RTAYAYA

2
Vav,
va,

P

K]

0

g

A s
N S AR
e STAVAY e NAVAVAVAVAVAVA .

o
A £ \7
Iﬁ‘?, & :»"‘KVA é‘.’

i
s
fud

—3,22447e-05
l 3,6852¢-05
| —4,14593¢-05

Puc. 6. Pactipenenenne casuroporo Hanpsbkenus 6, (I'Tla) na cpenunHOM

VAN

AV

</

SOAN
bava

MOBEPXHOCTH TPEXCIIOMHOW IJIACTHHBI € e(EKTOM THIIa HETTPOIIUTKU

Ha naHHBIX pUCyHKax NMPOJEMOHCTPUPOBAHO paclpeAeseHue nporuda
W 1 MaKpOHANPsHKEHUWH G, MPHU Harpyske (meperane JaBieHus Ap), co-
OTBETCTBYIOLIEH npuMepHO 0,5 OT MpenenbHOro 3Ha4eHus, MpU KOTOPOM
IIPOUCXOIUT MOJHOE paspymieHue. Ha puc. 7 mokasaHo pacrpeneneHue
B COHJIBUYEBOM IUIACTMHE KOMIUIEKCHOIO IapamMeTpa IMOBPEKAAEMOCTH
n=max{z®, min{z{®, z{*}}.

Pe3ynbraThl pacueToB MOKa3bIBalOT, 4TO Nporud W u yriasl MOBOpOTa
HOpMalu Y,, Y3 MalO4yBCTBUTEJBHBI K MOSBICHUIO e(EKTa B IIIACTUHE!
UX 3HAYEHUS MPAKTUYECKH HE U3MEHSIOTCS 10 CPAaBHEHMIO CO CIIy4aeM OT-
cytctBus nedekra. [lpnunna 3axioyaercst B TOM, 4TO TEPEMEIIECHHS U YT-

JIbI IOBOPOTA ABJIAIOTCA MHTCIPAJIbHBIMH XapPaKTECPUCTUKAMU IIJIACTUHBI U
MaJIO UBMCHAIOTCS IIPpHU MAJIOM BKJIAZIC I[e(I)GKTa B O6IJ_IYIO iomaap.

Hanpsxenune nsruba 63; M G0KOBOE HANPSKEHUE O,, CYILIECTBEHHO
W3MEHSIIOT CBOE€ paclpe/efieHUe MO TUIACTUHE MPU MOSBICHUU JAedeKTa.
B okpectHOCTH nedekTa BO3HHUKAET KOHIIEHTPAIMS HAMpPSHKEHUHA, TPUBO-
JSITIIast K TOBBIIICHUIO 3HAYCHUN STUX HAMPSKEHUI: MaKCUMaJIbHbIC 3HAaUe-
HHU O3; B BEPXHEM CJIO€ IUIACTUHBI yBeauuusarores ¢ 9,7 no 14,34 Mlla;
OOKOBOE HANpPSKEHUE O,, YBEIMYHMBACT CBOE 3HAYECHHE B LIEHTpE ILIACTHU-

HBI, B OKpecTHOCTH eekra, oT 7,2 mo 23,8 Mlla MakcuMallbHOE 3HAYCHHE.

17






